We introduce several 0-1 laws for a cylindrical probability measure /j on a locally convex Hausdorff space E and examine the equivalence of them. We show that the following 0
In this section, we present several 0-1 laws which appear in the probability theory.
Let E be a locally convex Hausdorff space, C(E, E') be the cylindrical cr-algebra generated by the topological dual E' and &(E) be the Borel (/-algebra generated by all open subsets. Let p be a probability measure on C
(E, E') or on &(E). The measure p on &(E) is called a Radon measure if it holds p(A)
==sup{^(/f); KdA and K is compact} for every A&$(E). The Radon measure ££ is called a convex Radon measure if it satisfies that l=sup{fjt(K); K is compact and convex}. If E is quasi-complete, then every Radon measure is convex Radon since the closed convex hull of each compact subset is again compact.
The weakest notion of the 0-1 law is the following.
The strongest 0-1 law is the following.
( The 0-1 law (3) was considered by Sato [6] . It is clear that the 0-1 law (2) is stronger than (3), (4) and (5). It is also clear that each of (3), (4) and (5) is stronger than (6) . The following 0-1 law (7) is weaker than (5). Since CoCLc^L, it is easily seen that the 0-1 law (7) is stronger than (8), (9) and (10). Also each of (8), (9) and (10) is stronger than (11). It is clear that the 0-1 law (6) implies (8) and (11), since if p(x ; (a^1Zn(%))e/ 00 )>0, then p(x; (xn(x))^c Q )^fi(xi (a^1%;(x))e/ 00 )>0 and hence by (6) , ju(* ;(*;(*)) e/oo)=l. We shall show that the 0-1 law (11) implies (2). Thus we obtain the main result (Theorem 1) :
The 0-1 laws (2)~(11) are all equivalent.
Since l p (l^£<oo) is a convex Lusin subspace of R™, each of (2)~(11) implies the following 0-1 law.
(12) For every sequence x^eE', fji(x', (x' n (x))^l p )=Q or 1 (lT he above 0-1 laws (2)~(12) are described in terms of the sequences in E', so it is sufficient to suppose that the measure p is defined only on C(E, E'}, We state another 0-1 laws for a Radon probability measure p on 
\ 7i = l /
For example, the countable product of non-atomic probability measures on 12°°s atisfies the 0-1 law (15), see Hoffmann-J0rgensen [3] and Zinn [8] . Obviously (13) and (14) are equivalent. We show that if p is Radon, then (2)~(11), (13) and (14) are equivalent (Theorem 2). In the case where p is convex Radon, (13) and (15) are equivalent, hence the 0-1 laws (2)~(11), (13) (14) and (15) are all equivalent (Theorem 3). The implication (3) =4(15) for a convex Radon p was proved by Sato [6] and (15) =4(3) was remarked by Takahashi [7] . § 2. Main Results Theorem 1. The 0-1 laws (2)~(11) are all equivalent.
Proof. As we have remarked in the preceding section, it is sufficient to prove (11) =4 (2 These contradict to (5 This completes the proof.
